ABSTRACT. An estimate is provided for the variance of a real-valued essentially bounded measurable random variable in terms of its ess sup and ess inf.
Let In -{x = (xi,... ,xn) G Rn: 0 < xt < 1, i = l,2,...,n} and let // be the usual Lebesgue measure on Rn. Let L^I™) denote the space of all real-valued, measurable, and essentially bounded functions on 7™.
Our main result is the following:
where B = ess sup/ and b = ess inf/.
(b) The estimate is the best possible, i.e. there exist f G Loo (7™) for which equality holds.
PROOF. In any Hilbert space M over R, we have for u, v G M, \v\ = 1,
Now let M = L2(In) and v = 1. Then, for / G L2(In), (2) reduces to
For all / G Loo (7"),
Since Loo(7n) C ¿2(7"), combining (3) and (4) Finally we remark that the estimate given in (6) for the particular case n = 1 solves the problem posed in [1] .
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